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ABSTRACT Chaotic pulse width modulation (PWM) technique has been applied to suppress electromag-
netic interference (EMI) in power converters. However, traditional discrete chaotic PWM has the shortcom-
ing that the spreading spectrum distribution is triangular in shape and the practical spreading frequency
bandwidth is much larger than the designed, which will further result in the limited EMI suppression. In this
paper, a continuous chaotic PWM method based on the continuous multi-scroll chaotic attractors is put
forward to suppress EMI more effectively, getting better spread spectrum distribution at switching frequency
and its multiples for power converters. Moreover, to guide the selection of chaotic signals in real applications,
the influence mechanism of multi-scroll chaotic signals on EMI spectrum distribution is firstly analyzed in
this paper so as to provide a practical chaotic signal selection method. Finally, the experiments are presented
followed by the simulations on a boost converter to verify the effectiveness of the proposed continuous
multi-scroll chaotic PWM method and the correctness of the given chaotic signal selection method. This
paper provides design guidance for the chaotic PWM in engineering applications.

INDEX TERMS Electromagnetic interference, power converters, chaotic pulse width modulation,
multi-scroll chaotic attractors, spectral characteristics.

I. INTRODUCTION
With the more and more strict requirements on high
power density and high reliability, electromagnetic interfer-
ence (EMI) suppression is becoming a key issue in power
converters, especially with the extensive use of wide bandgap
semiconductor devices [1]–[4]. Chaotic pulse width modula-
tion (PWM) provides an effective solution for EMI suppres-
sion in power converters relying on changing the switching
frequency with chaotic behaviours, which will shape the
spectrum distribution of EMI sources and reduce the peaks
of EMI spectrum distributed at the switching frequency and
its multiples [5]–[7].

Chaotic PWM is to suppress EMI based on modulation
technology of power converters, which has the advantages
of no increase of external hardware and no increase of the
volume, weight, and cost of power converters [8]–[11]. Thus,
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chaotic PWM has been studied extensively and lots of valu-
able achievements have been obtained [12]–[19]. Different
chaotic PWMs have been applied to various types of power
converters to suppress conducted EMI, such as DC-DC con-
verters, AC-DC converters, motor drive systems, etc., which
not only can effectively reduce the peaks of EMI, but also
largely reduce the volume and cost of the EMI filters in
power converters [12]–[15]. The chaotic spectrum calculation
method with chaotic PWM of power converters have been
presented in the literature [16], [17]. In [18], [19], the output
voltage ripple, power losses, and other performances of power
converters under chaotic PWM have further been analyzed in
detail, there is a tradeoff between EMI reduction and output
ripple, but the power losses will be influenced lightly. The
current research results have entirety shown the effectiveness
and practicability of chaotic PWM in real engineering.

The remaining problem is how to select a right and better
chaotic signal for chaotic PWM in real applications since dif-
ferent chaotic signals will result in different spread spectrum
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distribution and different effects of EMI suppression. Tradi-
tionally, the discrete chaotic mappings are usually used in
chaotic PWM as frequencymodulated signals, but the chaotic
signals generated by the discrete chaotic mappings have a
strong jump characteristic, which limits the EMI suppression
effect of chaotic PWM for power converters [20]. Moreover,
the practical spreading frequency bandwidth is much larger
than the designed frequency band under traditional chaotic
PWM (TC-PWM) with discrete chaotic mappings, and it
could lead to unwanted sideband noise [21].

In recent decades, the theory of continuous chaotic sys-
tem has been developing quickly. The representatives of
continuous chaotic systems are Lorenz family [22], Chua
system [23], Chen system [24], Lü system [25], Ruch-
lidge system [26] and so on. These chaotic systems can
also be classified into the multi-scroll system, multi-loop
system, multi-wing system based on the topological structure
of the phase diagram [27]. For example, Chua’s circuit is
a double scroll system, and the multi-scroll system with
multi-direction can be obtained based on the framework of
Chua’s circuit though replacing the original piecewise linear
function with different nonlinear functions [28]. From the
variety of phase diagrams, the multi-scroll systems havemore
richly chaotic dynamic behaviors compared with discrete
chaotic mappings. Thus, the proposed multi-scroll systems
provide the possibility to realize a better EMI suppression
than that under the existing TC-PWM. Chua’s circuit with
analog implementation was firstly applied to generate a
chaotic carrier for the EMI suppression in DC-DC converters
in [29]. In the literature, there is lack of a method or index
for systematically evaluating the impact of the multi-scroll
chaotic PWM (MC-PWM) with different chaotic signals on
EMI spectrum distribution, i.e., there is no chaotic signal
selection method for MC-PWM. However, it is very impor-
tant to find the optimal MC-PWM for the real engineering
applications, since it directly influences if the converter can
pass EMC standard.

To solve the above problems, the MC-PWM with the
continuous multi-scroll chaotic system is proposed for EMI
suppression of power converters in Section II. Following,
the influence mechanism of MC-PWM signals on spectrum
distribution of EMI is documented, and a concept of average
relative variation (ARV) of the chaotic signals is defined.
Based on ARV, the method of selecting chaotic signals for
MC-PWM is given in Section III. The simulation compar-
ison of EMI suppression effect on a boost converter under
MC-PWM with different ARV is provided in Section IV.
In Section V, experimental results are presented to verify
the effectiveness of EMI suppression under MC-PWM and
the correctness of the given chaotic signal selection method.
Finally, the conclusions are drawn in Section VI.

II. REALIZATION OF MC-PWM IN POWER CONVERTERS
A. REALIZATION OF MC-PWM IN POWER CONVERTERS
It is well known that the trains of switched pulses are com-
monly generated by comparing a reference waveform with a

higher frequency carrier in PWM control for power convert-
ers. The switching frequency is a fixed value for traditional
PWM (T-PWM). For chaotic PWM, the switching frequency
is changing with chaotic behaviours within a certain range
according to a kind of discrete chaotic mappings or continu-
ous chaotic systems. Because the switching frequency is the
reciprocal of carrier period, the carrier period Tk of chaotic
PWM can be expressed by (1), where Tr is the reference
switching period, 1T is the maximum period offset, and
εk is the modulation signal, and it is generated by chaotic
mappings or chaotic systems.

Tk = Tr +1T · εk , εk ∈ (−1, 1) , k = 1, 2, . . . . (1)

From (1), it can be obtained that εk determines the chang-
ing regularity of switching period, which can further shape
the spectral distribution of EMI sources, so the key of chaotic
PWM to suppress EMI is to select an appropriate modula-
tion signal εk . Usually, discrete chaotic mappings, such as
Logistic mapping, Tent mapping, Chebyshev mapping, are
applied into chaotic PWMas themodulation signals to realize
TC-PWM in power converters [30].

The EMI peaks could be reduced using TC-PWM with
discrete chaotic mappings. However, chaotic dynamical
behaviours of the discrete chaotic mappings are relatively
simple and the chaotic signals generated by the discrete
chaotic mappings have a strong jump characteristic, which
results in a limited effect on EMI suppression and the
unwanted spreading frequency bandwidth for power con-
verters. Therefore, the TC-PWM should be optimized to
overcome the increasingly severe EMI problem of power
converters.

The proposed MC-PWM is realized by introducing the
multi-scroll chaotic attractors into chaotic PWM based on
the theory of continuous chaotic systems. The εk in (1) is
generated by sampling the state variable of n × m-scroll
attractors of chaotic systems, and then the range of signal
values is bounded from−1 to 1 by uniform scaling. The real-
ization process ofMC-PWM is shown in Fig. 1. Firstly, the εk
should be generated by sampling one of the state variables
of n × m-scroll attractors with sampling period Tsamp. Then
the εk will be used to generate carrier period base on (1),
correspondingly, the carrier period will follow the changing
regularity of εk . Finally, the trains of switched pulses of power

FIGURE 1. Block diagram of the MC-PWM realization.
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switches will be formed by comparing modulated wave and
chaotic carrier, which means power converters are working
under MC-PWM.

B. GENERATION OF MULTI-SCROLL CHAOTIC
ATTRACTORS
The key issue ofMC-PWM is to generate multi-scroll chaotic
attractors as chaotic modulation signals. So, the realiza-
tion and characteristics of multi-scroll chaotic attractors will
be presented. Multi-scroll chaotic attractors can be gen-
erated by modified Chua’s circuits, modified Jerk circuit
and other chaotic systems by replacing the original piece-
wise linear function with different nonlinear functions [27].
The modified Chua’s circuit is applied to MC-PWM to gen-
erate multi-scroll chaotic attractors in this paper.

The dimensionless state equation of the modified Chua’s
circuit is presented as (2) [28]:

ẋ = α [y− f2 (y)− f1 (x, ξ)]
ẏ = x − y+ z
ż = −β [y− f2 (y)]

(2)

where α, β, and ξ are the control parameters of the modified
Chua’s circuit. The f1(x, ξ ) and f2(y) are two nonlinear piece-
wise functions. To generate even attractors in the horizontal
coordinates, f1(x, ξ ) in (2) can be defined as (3), where the
number of attractors n = 2N . Moreover, to generate odd
attractors in the horizontal coordinates, f1(x, ξ ) can be defined
as (5), where the number of attractors n = (2N + 1).

f1 (x, ξ)

= ξ

x − A1

−sgn (x)+

N−1∑
i=0

sgn (x + 2iA1)

+

N−1∑
i=0

sgn (x − 2iA1)


 ,

A1 > 0, N ≥ 1. (3)

where

sgn (x) =


1 if x > 0
0 if x = 0
−1 if x < 0

(4)

f1 (x, ξ) = ξ

x − A1

N−1∑
i=0

sgn (x + (2i+ 1)A1)

+

N−1∑
i=0

sgn (x − (2i+ 1)A1)


 ,

A1 > 0, N ≥ 1. (5)

To generate even attractors in the vertical coordinates,
f2(y) in (2) is defined as (6), where the number of attractors
m = 2M . Moreover, to generate odd attractors in the vertical
coordinates, f2(y) is defined as (7), where the number of

attractors m = (2M + 1).

f2 (y) = A2

−sgn (y)+ M−1∑
j=0

sgn (y+ 2jA2)

+

M−1∑
j=0

sgn (y− 2jA2)

 , A2 > 0, M ≥ 1. (6)

Or

f2 (y) = A2

M−1∑
j=0

sgn (y+ (2j+ 1)A2)

+

M−1∑
j=0

sgn (y− (2j+ 1)A2)

 , A2 > 0, M ≥ 1.

(7)

In (2), α, β and ξ are the control parameters of the mod-
ified Chua’s circuit system, by adjusting these parameters,
the modified Chua’s circuit system can operate in chaotic
mode. For example, the bifurcation diagram of x versus ξ
is shown in Fig. 2. The state of the modified Chua’s circuit
system can be determined based on the bifurcation diagram.
Therefore, the selected α, β and ξ need to ensure that the
system is operating in chaos. A1 and A2 are used to control the
position and size of the scroll of the modified Chua’s circuit
system. So the determination of A1 and A2 is based on the
distribution range of the required state variable. In this paper,
the 2×2-scroll attractor is generated to use inMC-PWM. The
control parameters are set as α = 10, β = 16, ξ = 0.25 to
ensure that the system is in a chaotic state. Moreover, the A1
and A2 are set as A1 = 0.5, A2 = 0.25, the generated state
variable x in (2) is distributed on the required range (-1,1).
Finally, The generated 2×2-scroll attractor is shown in Fig. 3.

FIGURE 2. Bifurcation diagram of x with ξ .

III. INFLUENCE MECHANISM OF MC-PWM ON
SPECTRUM DISTRIBUTION OF EMI
A. EMI ANALYSIS FOR POWER CONVERTERS
For power converters, PWM waveforms generated by high
frequency switching processes are important sources of EMI.
Especially with the applications of wide bandgap semicon-
ductor devices with high frequencies and high power, the EMI
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FIGURE 3. 2× 2-scroll (N = 1, M = 1) generated from (2) with f1 and f2
defined as (3) and (6).

problems will be more serious in power converters. The EMI
of power converters can be divided into common-mode (CM)
EMI and differential-mode (DM) EMI according to the EMI
current flow paths [31].

In this paper, the boost converter, one of the most common
DC-DC converters, is taken as an example to analyze the
EMI problem of power converters. The topology of the boost
converter and its CM EMI current and DM EMI current
paths are shown in Fig. 4, where Cp represents the parasitic
capacitor between the MOSFET Q and the heat sink. While
LLN , CLN , and RLN form the line impedance stabilization
network (LISN).When the boost converter is running, there is
DM current with high frequency flows through the MOSFET
Q, and the LISN, which will result in DM EMI in the boost
converter. At the same time, there is a high frequency CM
current flows through parasitic capacitance to the earth and
returns via LISN, which will lead to the CM EMI in the
boost converter. Both DM EMI and CM EMI make the boost
converter face serious EMI problems.

FIGURE 4. The boost converter topology and its EMI current paths.

According to EMI current paths shown in Fig. 4, the equiv-
alent circuit of CM EMI and DM EMI can be obtained
as shown in Fig. 5. It should be noted that the capaci-
tor CLN is not included in the equivalent circuit of CM
EMI and DM EMI, because the CLN can be regarded as

FIGURE 5. Equivalent circuit of conducted EMI. (a) Equivalent circuit of
CM EMI. (b) Equivalent circuit of DM EMI.

a short circuit in the frequency band 150kHz∼30MHz of
conducted EMI test. Based on Fig. 5, it is obvious that the
drain-source voltage vds of the switch Q is the EMI source.
Based on the realization process of the proposedMC-PWM in
Section II-A, the switching frequency of the boost converter
under MC-PWM is changing with chaotic behaviours within
a certain range according to the chaotic attractors. Thus, the
spectrum of vds will spread over a wider frequency range
around the switching frequency and its multiples, and the
peaks of vds spectrum will be decreased accordingly. Further,
the peaks of conducted EMI can be reduced according to
Fig. 5. Since the innovation of this paper lies in the influ-
ence analysis of MC-PWM on EMI of the power converters,
the influence of the parasitic parameters caused by PCB
layout andmechanical structure on the EMI equivalent circuit
is not mentioned in this paper.

B. SPECTRUM QUANTIZATION OF EMI UNDER MC-PWM
To analyze the EMI suppression mechanism in power con-
verters with MC-PWM, the quantization method of the EMI
spectrum is proposed based on Fourier transform theory.

According to the realization of MC-PWM, as shown in
Fig.1, the drain-source voltage vds of the switch is determined
by comparing the reference waveform vm with the chaotic
carrier vc, which is shown in Fig. 6, where Tk is the period
of the k th switching cycle. τk is the begin time of the k th

switching cycle, and it can be expressed as (8). Vo is the
output voltage of the boost converter. P is the number of
switching cycles. D is the duty ratio of the drive signal of the

FIGURE 6. Generated principle of the vds under MC-PWM.
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switch, then the duty radio of vds can be expressed as 1-D.
The D is constant if the vm is regarded as a constant value Vm
in the boost converter.

τk =

k−1∑
i=0

Ti, k = 1, 2, 3, . . . ,T0 = 0. (8)

Thus, the vds can be expressed as (9).

vds (t) = lim
P→∞

Vo ·
P∑
k=1

gk (t − τk) (9)

where the gk (t) is defined as (10), and it denotes a pulse with
different periods and the same duty radio.

gk (t) =

1, for
D
2
Tk ≤ t <

(
1−

D
2

)
Tk .

0, elsewhere.
(10)

Because the vds(t) is not a periodic signal, the Fourier
transform theory is adopted to analyze frequency domain
characteristics of vds(t). According to the linearity property
and the time-shifting property of the Fourier transform [32],
the Fourier transform of vds(t) is expressed as (11).

Sv (f ) = lim
P→∞

Vo ·
P∑
k=1

Gk (f ) e−2π f τk (11)

where Gk (f ) denotes the Fourier transform of gk (t). The
general expression of Gk (f ) is:

Gk (f ) = (1− D)Tk · sinc [π f (1− D)Tk ] · e−jπ fTk (12)

By substituting (1), (8), and (12) into (11), the Fourier
transform of vds(t) under MC-PWM is expressed as (13),
where, ε0 is defined as ε0 = 0.

Sv (f )

= lim
P→∞

Vo ·
P∑
k=1

×


(1−D) (Tr+1T εk)·sinc[π f (1− D) (Tr+1T εk)]

·e

−j2π f

(k−1
2

)
Tr+1T

k−1∑
i=0

εi +
εk

2





(13)

Because observation time is finite in the FFT analysis pro-
cess, and the scanning time is also finite in the EMC test, theP
is usually set to a finite value in practical applications. In such
a case, the vds(t) could be considered as a periodic signal with

a period Tc =
P∑
k=1

Tk . When the P is large enough, it can

reflect the characteristics of chaotic signals comprehensively.
The minimum value of the P could be determined by the
reference switching period Tr and the scanning time Tscan.
The calculation formula is expressed in (14).

P = Tscan
/
Tr (14)

Then, the Fourier transform of vds(t) can be written as

Sv (f )

= FcVo ·
∞∑

n=−∞

×

P∑
k=1


(1− D) (Tr +1T εk) ·
sinc [πnFc(1− D) (Tr +1T εk)]

·e

−j2πnFc

(k−1
2

)
Tr+1T

k−1∑
i=0

εi+
εk

2




 δ(f −nFc)
(15)

where Fc = 1/Tc. The spectra distribution of vds(t) under
MC-PWM can be obtained by (15).

To verify the correctness of (15), the calculated spectrum
of vds(t) using (15) will be compared with the simulated
spectrum using the FFT analysis tool of MATLAB/Simulink.
To clearly show each harmonic distribution, the P is set to a
smaller value as P = 100. The other parameters are listed
in TABLE 1. The comparison results are shown in Fig. 7,
which indicates that the theoretical calculation and simulation
results are consistent. That is, the proposed spectrum quanti-
zation method is correct.

TABLE 1. System parameters.

C. INFLUENCE MECHANISM OF MC-PWM SIGNALS ON
SPECTRUM DISTRIBUTION OF EMI
According to the Fourier transform of vds(t) underMC-PWM,
as expressed in (15), the main influencing factors of spectrum
distribution of vds(t) are the maximum period offset 1T
and modulation signal εk . Obviously, the spectrum peaks are
lower when the1T is larger for the same εk . Thus, the influ-
ence of εk on spectrum distribution is analyzed below.

The probability density of εk is generally considered to be
the main factor in determining the spectrum distribution [8].
However, even if the probability density is the same, the
εk with different combinations and permutations will result
in a very different spectrum distribution. For instance, three
chaotic signals εk are obtained by sampling the 2 × 2-scroll
attractor as shown in Fig.3, the sampling period are Case I :
Tsamp = 1.0s, Case II: Tsamp = 0.2s, and Case III: Tsamp =
0.02s. Three εk have almost identical probability density as
shown in Fig. 8. The spectra of vds(t) around the switching
frequency are shown in Fig. 9.

The magnitude and spreading bandwidth (SBW) of spec-
tra around the switching frequency are marked in Fig. 9,
which indicate that the magnitude and SBW are different with
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FIGURE 7. Comparison of calculation result and simulation of spectra of
vds(t) under chaotic PWM. (a) Frequency range 50kHz∼450kHz.
(b) Frequency range 80kHz∼120kHz.

FIGURE 8. Probability density of εk .

different chaotic signals. The SBW in this paper means the
spreading bandwidth of the spectrum around the switching
frequency fsw or its multiples under chaotic PWM. SBWm
is defined to distinguish the SBW at different frequencies
m · fsw, where, m is the multiple of the switching frequency.
The calculation of SBWm is introduced as follows by using
the spectra diagram of T-PWM and chaotic PWM as shown
in Fig. 10, where hT_m is the harmonic of the spectrum at
the m · fsw under T-PWM, hc_m(i) is the harmonic of the
spectrum at each spreading frequency around them·fsw under
chaotic PWM, Ac_m(i) is the magnitude of hc_m(i), fc_m(i) is
the frequency of hc_m(i), Based on Fig. 10, it can be known

FIGURE 9. Spectra of vds(t) around the switching frequency under
MC-PWM.

FIGURE 10. Spectra diagram of T-PWM and chaotic PWM.

that fc_m(i) = m·fsw+i·fint , where fint is the frequency interval
of hc_m(i). According to the harmonics energy relationship
between T-PWM and chaotic PWM around the m · fsw, when
the (16) is satisfied, the frequency bandwidth 2NBW_m · fint
is determined as SBWm, where NBW_m means the harmonic
number from m · fsw to the frequency at which (16) will be
satisfied, Ec_m(i) = A2c_m(i) and ET_m = A2Tmax_m.

NBW_m∑
i=−NBW_m

Ec_m (i) =0.99 · ET_m (16)

Fig. 9 indicates that the spectrum distribution cannot be
analyzed accurately by the probability density of the εk .
Therefore, the impact factor of EMI spectrum distribution
should be found to reflect the distribution characteristics of
the EMI spectrum and guide the selection of chaotic signals.

In this paper, the variation of adjacent signals δε_k is firstly
defined to denote the various level of εk . The expression of
δε_k is defined as (17).

δε_k , εk+1 − εk (17)

According to (17), all εk can be represented by ε1 and δε_k
as shown in (18). Hence, (15) can further be rewritten as (19),

VOLUME 8, 2020 168915
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FIGURE 11. Probability density of δε_k under different Tsamp.

which means that the values of δε_k determine spectral char-
acteristics of vds(t).

εk = ε1 +

k−1∑
i=0

δε_i, δε_0 = 0. (18)

Sv (f )

= FcVo ·
∞∑

n=−∞

P∑
k=1

×


(1− D) (Tr +1T εk)
·sinc [πnFc(1− D) (Tr +1T εk)]

·e

−j2πnFc

(k−1
2

)
·(Tr+1T ε1)+1T ·

k−1∑
i=0

(
k − i−

1
2

)
δε_i




δ(f − nFc) (19)

Next, we will analyze how δε_k affects the distribution
characteristics of the EMI spectrum. The probability den-
sity of δε_k with the former three chaotic signals, as shown
in Fig. 11. By comparing Fig. 9 and Fig. 11, when the
distribution range of δε_k is smaller, it can be obtained that the
magnitude of the spectrum is becoming lower, and the SBW is
becoming smaller. Thus, the distribution of δε_k could reflect
the spectrum distribution of vds(t) more accurately.

However, δε_k still cannot be directly used as an impact
factor of spectral distribution because δε_k is a sequence that
varies with the εk . Thus, it is necessary to define a parameter
to weight the overall distribution regularity of δε_k as the
impact factor. In this paper, ARV is firstly defined, namely,
the average relative variation of adjacent sequences in P
cycle, as expressed in (20).

ARV =
1
P

P∑
k=1

∣∣δε_k ∣∣ (20)

The ARV are calculated for the former three cases, Case I :
ARV= 0.552 when Tsamp = 1.0s,Case II: ARV= 0.164 when
Tsamp = 0.2s, and Case III: ARV = 0.019 when Tsamp =
0.02s. When the ARV decreases, it can be concluded that the
magnitude of the vds(t) spectrum is becoming lower, and the

FIGURE 12. Changing curve of ARV with sampling period Tsamp.

SBW is becoming smaller. More data will be analyzed below
to verify this conclusion.

The more multi-scroll chaotic signals εk are also generated
by sampling the 2 × 2-scroll attractor with different Tsamp.
It should be noted that the εk must be ergodic at [−1,1]. The
changing curve of ARV with the Tsamp is shown in Fig. 12.
When Tsamp increases, the ARV increases linearly firstly and
then gradually becomes constant.

The spectral characteristics of vds(t) around the switching
frequency under MC-PWM will be analyzed with eleven
different values of ARV. Spectrum magnitude and SBW1 are
two parameters to be focused. Detailed relationship curve of
spectra magnitude with ARV is shown in Fig.13, the magni-
tude of spectra gradually increases when the ARV increases.
Moreover, the changing curve of SBW1 with ARV is shown
in Fig.14, which indicates that the SBW1 is becoming wider
when the ARV is larger.

FIGURE 13. Changing curve of the maximum magnitude of vds(t) spectra
around the switching frequency with ARV.

To unify the spectral magnitude and SBW to one parameter
expression, we define equivalent maximum energy (EME) to
take into account both the magnitude and SBW of the spec-
trum, as shown in the (21), where Amax_m is the maximum
magnitude of the spectrum around the m · fsw under chaotic
PWM.

EMEm , SBWm · A2max _m, (m = 1, 2, 3 . . .). (21)

168916 VOLUME 8, 2020



Z. Yang et al.: Continuous Multi-Scroll Chaotic PWM and Its Chaotic Signal Selection Method

FIGURE 14. Changing curve of SBW1 with ARV.

Further, in order to compare the EMEm directly under dif-
ferent switching frequency offset1F , load or output voltage,
EMEm is normalized asEMEpu_m, as expressed in (22), where
EMEbase_m is the base value of the EMEm, EMEbase_m =
m · 1F · A2Tmax_m, ATmax_m is the maximum magnitude of
the spectrum at the m · fsw under T-PWM.

EMEpu_m =
EMEm

EMEbase_m

=
SBWm · A2max_m
m ·1F · A2Tmax_m

, (m = 1, 2, 3 . . .). (22)

Therefore, EMEpu_m can be obtained by measuring the
magnitude Amax_m and ATmax_m and calculating the SBWm
of the obtained spectra. The EMEpu_m at the switching fre-
quency, namely, EMEpu_1, is selected in this paper to show
the relationship between EMEpu_m and ARV. The EMEpu_1
curve with the ARV is shown in Fig. 15 with a blue line.
Further, the approximate expression of EMEpu_1 versus
ARV is obtained by using the fitting method, as expressed
in (23). Moreover, the fitting curve of (23) is also plot-
ted in Fig. 15 with a brown line. As the ARV increases,
the EMEpu_1 has a tendency to increase gradually, which
indicates that it has better spectral characteristics when the
ARV is smaller. More importantly, the selection method of
chaotic signals for MC-PWM can be determined by the ARV.

EMEpu_1
= 233.7 · ARV 5

− 320.8 · ARV 4
+ 153.7 · ARV 3

−31.48 · ARV 2
+3.978 · ARV+0.2436,ARV ∈ (0, 0.6) .

(23)

According to the mechanism analysis of EMI spectral
characteristics under MC-PWM, chaotic signals should be
selected by comparing the ARV. The steps of selecting the
chaotic signals method for MC-PWM are shown in Fig. 16,
which will be described as follows.

1) Firstly, the topological structure of multi-scroll attrac-
tors needs to be determined according to (2).

2) Secondly, the range of Tsamp should be determined.
The εk must be ergodic at [−1,1] by sampling the chaotic

attractor with a minimum sampling period Tsamp_min. Thus,

FIGURE 15. Changing curve of EMEpu_1 with ARV.

FIGURE 16. Flowchart of selecting chaotic signals method for MC-PWM.

the Tsamp_min can be obtained with the approximate frequency
fapp of the chaotic attractor and the P, as shown in (24), where
the fapp could be identified by determining the frequency of
the most significant magnitude in the spectrum of chaotic
attractor.

Tsamp_min = 1
/(
P · fapp

)
(24)

Besides, the upper limit of the sampling period Tsamp_max
can be determined by selecting the Tsamp corresponding to
the inflexion point of the curve in Fig. 12. The ARV is almost
constant when the Tsamp is greater than the inflexion point,
which means that the properties of the chaotic signals are
almost identical.

3) Then, the different chaotic signals can be obtained
from different Tsamp with nTsamp_min (n = 1, 2,
3. . .dTsamp_max /Tsamp_mine).
4) The values of ARV of former chaotic signals can be

further calculated using (20).
5) Finally, the chaotic signal with the smallest ARV will be

selected to MC-PWM as a modulated signal to get a better
spectral characteristic.
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It should be noted that the selecting chaotic signals method
can also be employed to TC-PWM with discrete chaotic
mappings or other variable frequency PWM. The definitions
of ARV and EMEpu in TC-PWM and other variable frequency
PWM are the same as in MC-PWM. Therefore, this paper
provides a method for comprehensively measuring the spread
spectrum effect of all kinds of chaotic signals.

IV. SIMULATION ANALYSIS OF EMI SUPPRESSION
UNDER MC-PWM
To verify the effectiveness of proposed MC-PWM on EMI
suppression in power converters, and to verify the correctness
of the given chaotic signal selection method in Section III,
simulations have been carried out by MATLAB/Simulink
based on the boost converter. The simulation parameters are
given in TABLE 1. According to the analysis in Section III,
the drain-source voltage vds of the switchQ is the EMI source,
therefore, the spectra of vds is measured in simulations to
compare the EMI distribution of the boost converter under
different modulation methods.

The spectra of vds under T-PWM and TC-PWM are shown
in Fig. 17, and the spectra of vds under MC-PWMwith differ-
ent ARV are shown in Fig. 18. It should be noted that logistic
mapping is used in TC-PWM as a frequency modulation
signal [33]. The logistic mapping can be expressed as (25).

εk+1 = 1− λε2k , εk ∈ (−1, 1) , k = 1, 2, 3, . . . . (25)

FIGURE 17. Simulation spectra of vds in a boost converter under
different PWM.

From Fig. 17 and Fig. 18, TC-PWM and MC-PWM can
reduce the magnitudes of EMI peaks distributed in switching
frequency and its multiples a lot compared with T-PWM.
However, the SBW1 under TC-PWM is wider, which will
result in sideband noises. MC-PWM could obtain more spec-
tral characteristics by changing the chaotic signals to deter-
mine the optimal spectral distribution.

The quantitative comparison results of spectra of vds
around the switching frequency are shown in TABLE 2. It can
be concluded that when the ARV is smaller, the Amax_1 is
becoming smaller, the SBW1 is becoming narrower, and the
value of EMEpu_1 is also becoming smaller correspondingly,
which is consistent with the conclusion in the theoretical

FIGURE 18. Simulation spectra of vds in a boost converter under
MC-PWM with different ARV. (a) Frequency range 9kHz∼5MHz.
(b) Frequency range 20kHz∼ 180kHz.

TABLE 2. Quantitative comparison results of simulation spectra.

FIGURE 19. Experimental platform of the boost converter.

analysis of Section III. Therefore, it should choose the chaotic
signal corresponding to ARV= 0.019 to achieve a better EMI
suppression effect for power converters, which also verifies
the correctness of the given chaotic signal selection method.
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FIGURE 20. Output voltage waveform of the boost converter. (a) Under T-PWM. (b) Under TC-PWM. (c) Under MC-PWM with ARV = 0.019.

V. EXPERIMENTAL VERIFICATION
To further verify the effectiveness of EMI suppression using
MC-PWM and the correctness of the chaotic signal selection
method, a series of experiments were carried out based on the
boost converter. The boost converter experimental platform
is shown in Fig. 19, experimental parameters are listed in
TABLE 3. All modulation methods are implemented by using
Digital Signal Processor (DSP) TMS320F28035. The chaotic
modulation signals εk in MC-PWM are generated by the dif-
ference expressions of discretizing the state variables of (2).
Take the 2×2-scroll attractor used in the paper as an example.
Based on the Euler’s method, the difference expressions of (2)
are shown in (26), where hT should be set to the same as the
sampling period Tsamp.
x (n+ 1) = x (n)+ αhT

{
y (n)+ A2 · sgn (y (n))
−ξ

[
x (n)+ A1 · sgn (x (n))

] }
y (n+ 1) = y (n)+ hT [x (n)− y (n)+ z (n)]
z (n+ 1) = z (n)− βhT

[
y (n)+ A2 · sgn (y (n))

]
(26)

TABLE 3. Main circuit parameters.

Based on (26), it needs to define 12 variables in DSP
programming. If the variables are defined as the long integer,
they will take up 48 bytes of DSP space. The discrete state
variables of 2× 2-scroll attractors can be obtained with DSP
programming. Thus, the discrete state variables can be used
as chaotic modulation signals εk , which will be applied to the
generation of the chaotic carrier of the boost converter.

A. WORKING WAVEFORMS UNDER T-PWM
AND CHAOTIC PWM
The output voltage waveforms of the boost converter under
different modulation methods will be analysed first to ensure

that the MC-PWM does not affect the electrical characteris-
tics of the boost converter, so as to ensure its normal work.
Fig. 20 shows the output voltage waveforms of the boost con-
verter under T-PWM, TC-PWM, and MC-PWM with ARV
= 0.019. It can be seen that the output voltage ripple under
TC-PWM and MC-PWM is higher compared with that under
T-PWM.However, the ripples level are all below 1.5%, which
can meet the output characteristics of the boost converter.

B. SPECTRAL CHARACTERISTICS UNDER T-PWM AND
CHAOTIC PWM
Experimental spectra of vds under T-PWM and TC-PWM
are shown in Fig. 21, and spectra of vds under MC-PWM
with different ARV are shown in Fig. 22. The quantitative
comparison results of vds spectra around the switching fre-
quency are shown in TABLE 4. TC-PWM and MC-PWM
both can reduce the magnitudes of EMI peaks a lot compared
with T-PWM. However, the SBW1 with MC-PWM is smaller
compared with TC-PWM. For the MC-PWM with different
ARV, the magnitude is becoming smaller, and the SBW1 is
becoming narrower when the ARV is smaller. This is consis-
tent with the results of simulation and theoretical analysis.

In order to analyze the changing trend of the experimental
EMEpu_1 with ARV in detail, the change curve of EMEpu_1
with ARV is shown in Fig. 23. When the ARV increases grad-
ually, the EMEpu_1 also increases, which is consistent with
the theoretical analysis results of Fig. 15 in Section III. Thus,
the given chaotic signal selection method for MC-PWM is
correct.

FIGURE 21. Experimental spectra of vds under different PWM.
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FIGURE 22. Experimental spectra of vds under MC-PWM with different
ARV. (a) Frequency range 9kHz∼5MHz. (b) Frequency range 20kHz∼
180kHz.

TABLE 4. Quantitative comparison results of experimental spectra.

FIGURE 23. Experimental changing curve of EMEpu_1 with ARV.

C. RESULTS OF CONDUCTED EMI TEST
To further evaluate the EMI suppression effect of MC-PWM,
the conducted EMI of the boost converter under T-PWM,

FIGURE 24. Experimental platform of conducted EMI of the boost
converter.

FIGURE 25. Conducted EMI test results under different PWM.

FIGURE 26. Conducted EMI test results under MC-PWM with different
ARV.

TC-PWM and MC-PWM are measured. The measurement
layout is shown in Fig. 24, the conducted EMI of the boost
converter is measured through the line impedance stabiliza-
tion network (LISN), and the receiver is R&S ESCI. The
average values of conducted EMI results under T-PWM and
TC-PWM from 150 kHz to 30MHz are shown in Fig. 25,
the average values of conducted EMI results underMC-PWM
with different ARV are presented in Fig. 26. To compare the
magnitudes of conducted EMI in Fig. 25 and Fig. 26 more
clearly, the maximummagnitudes of conducted EMI near the
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FIGURE 27. Comparison of maximum magnitudes of conducted EMI from
200kHz∼1MHz.

switching frequency and its multiples under different PWM
are shown in Fig. 27.

From Figs. 25-27, the magnitudes of EMI peaks under TC-
PWM and MC-PWM are much lower than the magnitudes
of EMI peaks under T-PWM. And the magnitudes of EMI
peaks are smallest under MC-PWMwith ARV= 0.019. Thus,
the proposed MC-PWM has the advantages in suppressing
EMI. More importantly, the chaotic signal determined by the
chaotic signal selection method has the best EMI suppression
effect, which also illustrates the correctness and effectiveness
of the chaotic signal selection method.

VI. CONCLUSION
In this paper, the continuous multi-scroll chaotic system is
introduced into chaotic PWM to suppress EMI for power con-
verters. Moreover, the influence mechanism of chaotic sig-
nals on the spectrum distribution of EMI is firstly analyzed,
the selection method of chaotic signals is further obtained.
It is noted that this method could be used to comprehensively
measure the spread spectrum effect of all kinds of chaotic
signals. Both simulation and experimental results prove the
effectiveness of EMI suppression using MC-PWM and the
correctness of the chaotic signal selection method. Therefore,
the proposed MC-PWM provides a better EMI suppression
way for power converters, and a chaotic signal selection
method could provide the uniform evaluation criterion to
guide the parameter design for chaotic PWM.
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